A Banach space X is called a twisted sum of the Banach spaces Y and Z if it has a subspace isomorphic to Y such that the corresponding quotient is isomorphic to Z . A twisted Hilbert space is a twisted sum of Hilbert spaces. We prove the following tongue-twister: there exists a twisted sum of two subspaces of a twisted Hilbert space that is not isomorphic to a subspace of a twisted Hilbert space. In other words, being a subspace of a twisted Hilbert space is not a three-space property.
INTRODUCTION
A Banach space X is called a twisted sum of the Banach spaces Y and Z if it has a subspace isomorphic to Y whose corresponding quotient is isomorphic to Z, or else, if there exists an exact sequence where the arrows represent bounded linear operators. This note is about "twisted" Hilbert spaces (that is, twisted sums of Hilbert spaces). We construct a twisted sum of two subspaces of twisted Hilbert spaces that cannot be embedded in a twisted Hilbert space, thus answering in part to a question of Castillo, Gonzalez and Yost [1, p.95] .
T H E EXAMPLE
The example is based on the space Zi of Kalton and Peck [4] [3]
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Hence {(0, ej)} is a symmetric basis (even with symmetric norm). We identify Z with a sequence space via the basis which we denote by {u n } (instead of {(0, e n ) } ) . The (quasi)-norm of Z will be denoted by ||-|| z . It is not hard to verify that Z satisfies the following three conditions: 
